Consider the following assumptions, whose conjunction we denote by (RP ):
Proof. Suppose not. Let n < ω be the number of strongs in J K ω 1 . We work towards a contradiction. Case 1. ω 1 is a successor in K.
Then Corollary 2.2 of [2] gives that J K ω 1 is (boldface) ∆ 1 n+4 (in the codes). But then we get a projective sequence of distinct reals of length ω 1 , contradicting [4] .
Let Φ m (M) denote the following statement, for m ≥ n:
M is a countable m-full mouse, M |= there are ≤ m many strongs, and for all countable m-full N, if M, N simply coiterate to M * , N * with iteration
The concept of m-fullness was defined in [2] where we showed that Φ m (J which is either a double successor or an inaccessible in K.
It is also shown in [2] that if ω 1 is inaccessible in K and there are ≤ m strong cardinals in J By [4] , there is a model
whenever g is set-generic over P and h is set-generic over P [g], and
by (b) and the fact that Ψ n+94 holds in V . Moreover, P is closed under the dagger operator by (a), so Steel's K exists in P , denoted by K P , and K P |= there are > n strong cardinals, by [1] and (a). We may pick g Col(µ, ω)-generic over P for some appropriate µ such that in P , there is a J-modelM of height ω 1 such thatM |= ZF − + there are exactly n strong cardinals, and Φ n+96 (M) holds for every proper initial segment M ofM . By [2] , there is a universal weasel W end-extendingM such that for all countable (in V ) κ which are cardinals in W and such that JM κ |= there are < n + 94 strong cardinals, W has the definability property at κ. [This follows from the fact that cofinally many proper initial segments ofM are n + 94 full].
Because W is universal, there is some σ: K → W given by the coiteration of K with W . Let κ denote the (n + 1)
. By a remark above, J |= there are at least n + 1 many strong cardinals. Contradiction!
